The generalized Riemann boundary value problem with shift is investigated in the class of piecewise analytic functions. In the case where the coefficients of the problem satisfy some equalities, the algorithm for the solution of this problem was obtained, and its solution in closed form are determined.
Introduction
Let L is a simple closed Lyapunov curve dividing the closed complex plane into the interior part The problem above is called generalized Riemann boundary value problem with shift [4] or is called generalized Markushevich boundary value problem [9] .
And it should be noted that the problem in form (1) in case t t ≡ ) ( α firstly was formulated in 1946 by A.I.Markushevich [5] .
During the last 60 years many original works [2,3,6,8,10,,12] have been devoted to the problem (1) . Even in the first works [1, 11] , devoted to the investigation of the problem (1) it was established that if the condition
is fulfilled, it is the Noether problem. And G.S.Litvinchuk [4] reviewed the survey of closely related results of problem (1), then the Noether theory, stability, and solvability theory were all mentioned.
In this article we shall obtain the constructive algorithm for solution of the problem (1), and when one case of
is satisfied, the problem can be solved in a closed form.
The solution of problem (1) in a close form
Let the curve L be the unit circle, i.e.
are given on L functions of Holder class and 0 ) (
is satisfied, we shall solve the problem (1) under the condition 0
, and without loss of generality it may be supposed
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Assuming that
, then, by taking conjugates on both sides of problem (1),
Then by (1) and (2),
Because of ) (t α is a direct shift, and L is a unit circle, then function
Then the general solution of (5) 
where C is an arbitrary constant. By Plemelj formula, we have
Substituting (7) into problem (1), we can get 
Obviously, solving the problem (1) is equivalent to solving the problem (10) and the Riemann-Hilbert outer problem (9) . Therefore, we have
, the solution of problem (9) 
Substituting (6) and (11) into (10), we have The (9) is solvable and has a unique solution
Substituting (6) and (15) into (13), we obtain (1) is solvable unconditionally, and its general solution is represented by formula (11) and (13) 
, we can get a similar conclusion.
. It is required to find functions ) (z 
Solution.
. Hence, taking into consideration formulas (6) and (7), we get in this case
C is an arbitrary real constant. Then the following functions will be the solution of the problem (17) 
Then the closed form solution of problem (1) is obtained. (1) is obtained.
Remark:
here ) (t α can be a direct or an inverse shift.
3.3
In 1992 V. Mityushev [7] discussed a boundary value problem Obviously, the above problem in is a special case of this paper, so it can be obtained as an immediate consequence of our results.
